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. 114 points] Evaluate the following integrals
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.7 points) Suppose [ is holemorphicin fz| < [ (flz)| € 1for (z{ = [, Rez >
D aud 1 f{2}i < V5 for [sf = L. Re s < 0, Show chat [£(3)] < 2.

. {7 points} Suppoese {{,}2 ) is sequence of harmonic fupclions on the unit

n=l
disc 77 which converges unitormly on every compact subset of (f to f. show
that 14 also harmonie,

.
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11
J defines a holetnorphic function

i

on the dise centered at ¢ with radias 1,

. .8 polnis] Suppose that fi:} is an entire funclion such that |f(z)) = |=¥

for all |} = & where ) « R < 2. Show that f{z} must be a polynomial of
degree al least vV,

. I7 points} Suppese f{z) 15 a kolomerphic finction on fz| < 1 and |fiz) < 1

for [¢ = i. Show that there exists wnique solwtion f(z) = = for 2| < L.

. Let A be the set of all kolomorghic fanctions on 128 <1 sech that 1 f{z)] = |

for 2| = 1.

{2l (2 poinis) Find fu € A such thar fo(3) = 0.

(b} [T points] Determine the general form of £ € A and verify your answer.



